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Abstract

We give a complete characterization of on-line arbitrarily vertex
decomposable graphs in a family of unicycle graphs called suns.

Keywords: Arbitrary partition (vertex decomposition) of trees,
partition on-line.

1 Arbitrarily vertex decomposable graphs

We deal with finite, simple and undirected graphs. For any two integers p, q

with p ≤ q, we write [p, q] = {p, p + 1, . . . , q}. By (d)k we denote a k-element
sequence (d, . . . , d).

Let G = (V, E) be a graph of order n. A sequence τ = (n1, ..., nk) of
positive integers is called admissible for G if it sums up to n. If τ = (n1, ..., nk)
is an admissible sequence for G and there exists a partition (V1, ..., Vk) of the
vertex set V such that |Vi| = ni and a subgraph induced by Vi is connected,
for each i ∈ [1, k], then τ is called realizable in G, and the sequence (V1, ..., Vk)
is said to be a G-realization of τ or a realization of τ in G. A graph G is
arbitrarily vertex decomposable (avd, for short) if for each admissible sequence
τ for G there exists a G-realization of τ . Clearly, every avd graph has to be
connected.
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