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Abstract

Let G = Ka,b, where a, b are even or G = Ka,a −M2a, where a ≥ 1 is
an odd integer and M2a is a perfect matching in Ka,a. It has been shown
([3,4]) that G is arbitrarily decomposable into closed trails. Billingon
asked if the graf Kr,s−F , where s, r are odd and F is a (smallest possible)
spanning subgraph of odd degree, is arbitrarily decomposable into closed
trails ([2]).

In this article we answer the question in the affirmative.

1 Introduction

All graphs considered in this paper are simple, finite and undirected. We use
standard terminology and notation of graph theory.
Consider a graph G, whose number of edges we call the size of G and denote by
‖G‖. Write V (G) for the vertex set and E(G) for the edge set of graph G.

As in [4] we denote by Lct(G) the set of all integers l such that there is a closed
trail of length l in G. A sequence τ = (t1, . . . , tp) of integers is called admissible
for graph G if it adds up to ‖G‖ and ti ∈ Lct(G) for all i ∈ {1, . . . , p}. Moreover,
if τ = (t1, t2, . . . , tp) is an admissible sequence for G and G can be edge-disjointly
decomposed into closed trails T1, . . . , Tp of lengths t1, . . . , tp, respectively, then τ
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